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HUneaspl, pakTOpKOJIBIA U Pa3jIOKeHNE HA MHOXUTEJIN

AJI401%. Jlst HETEpOBa KOMMYTATHUBHOTO KoJibl[a K JoKaxuTe, 4To K [[x]| Toxe HETEPOBO.
AJI402*, Tlokaxwure, uto {f € C[z] | Vz € C f(z) cXoquTcsa} — 3TO He HETEPOBO KOJIBIIO.
AJI403. Ilycth A — KOMMYTATUBHOE KOJIBIIO C equHUIEH, [,/ C A — IPOU3BOJIbHBIE H/I€aJIbl.
Honoxum' VI € {acA|IneN:a"el},[+]¥ U, ))={a+b|a€cl, be]}uobo3Hauum
yepe3 I/ naeas, NOPOXKAEHHBIN HpOI/IBBe):[eHI/IHMI/Iz abcae€l,be]. BepHo nu, 410>
a) npousBedeHus ab c a € I, b € | yxe u Tak, caMmu 1o cebe, obpasyiort ugean6) I =1n]J
B)I+]=A=>1] =In]r) \/faTon,ueaﬂ;[) \/ﬁ= vinje) \/U= \/R/fxc) VvIin] = \/Tn\/f

AJl404 (xuraiickaa Teopema o6 ocrarkax). IlycTs mpeass Iy, ..., [, KOMMyTaTUBHOIO KOJIblia A
C eJHULIEN TaKoBbl, 4TO [; + [; = A 11 Bcex [ # j. Ilokaxure, 4T0 Iy ... Ly, =1 n...N [, u
nocrtpoute usomopdusm A/l ... L, = (A1) X ... X (A/Iy).

AJI405%. JlokaxuTe, YTO a) MPOCTOM HIEAJ P COAEPXKUT IepeceueHrie KOHEYHOro Habopa rjea-
JIOB €CJIM Y TOJIBKO eCJIU P COAEpPXUT OAWH U3 HUX 6) upeas | coaepxurcsa B 00beJUHEHUHU
KOHEYHOro Habopa MPOCTHIX UAeasIOB €CJIU U TOJIBKO ecsii [ COOepXUTCA B OAHOM U3 HUX.

AJI406*. CommocTaBUM BellleCTBEHHOMY 4ncy p € [0, 1] MHOXeCTBO 1, BCEX TaKUX HENPEPBIBHBIX
dyskmuit [0,1] — R, uto f(p) = 0. [lokaxuTe, 4TO 3TO 3aJAET OMEKLMI0 MeXay TOYKaMU
oTpe3ka [0, 1] u MakcMMaJIbHBIMU HAeajlaMH1 B KOJIblle HelpepbiBHBIX QyHKIUM [0, 1] — R.

AJI407%. Beskuil Jid IPOCTOM Kjieast KoJiblja HelmpephBHBIX GyHKIWmi [0, 1] - R MakcumasieH?

AJI408. YkaxuTe HEeNpOCTON HENPUBOANMBIN 3JIEMEHT B KoJiblle Z[1/13].

AJI409. CKOJIbKO pellleHMii (x,y) € Z? uMeloT ypaBHeHus a) x> +y%>=n 6) x> +xy+y?>=n B
3aBUCUMOCTU OT n € N?

AJ14410. Ilyctb a4, ..., a, € Z Bce pa3nuyHbl. [IpuBogumsel 11 B Q[x] MHOTOYJIEHBI:

a)(x—ay)...(x—a,)—16) (x—a;)?*...(x—a,)*+1

AJI4011%. Ilycts MHOTOUIEH f(Xx) = xP —x—a € FF,,[x] nMeeT KOpeHb ¢ B HeKoTOpoM noJie K D F,,.
S1BHO ykaxwure B K emm€ p — 1 kopHeil MHOrowieHa f. BepHo iy, 4to B F),[x] MHOrOWIEH f 6o
HENpUBOAUM, JIMOO MOJHOCTBIO pasjlaraeTcs Ha JIMHelHble MHOXUTEeIn?

AJI4012* (Teopema Kpysisa). JOKaXHTe, YTO LIEJIOCTHOE HETEPOBO KOJIBI[O (AKTOPHUAJIBHO €CJIN
1 TOJIBKO €CJIM BCe ero MUHUMAJIbHBIE [0 BKJIIOUEHUI0 HEHYJIeBble MPOCThIe NAeaslbl ABJIAITCA
IJIaBHBIMU.

AJI4013. Ilycthb d € N He nenutca Ha kBaapaTel. O603HauUM depes3 O Nar C C MHOXeCTBO uuces1
1+ivd)/2 d=3 d 4
Bunga a+b{,;, raea,b € Z,a; = ( l\/_)/ HpH (mod 4)
ivd nmpud =1,2 (mod 4).

ABJIAETCA MOAKOJIbIIOM B C M JIOKaXXUTe, YTO a) OHO €BKJIMJOBO JIJIsl BBICOTHI V(Z) = |z|2 ecju
U TOJIBKO ecJii C mMOKphIBaeTCA CABUraMy eJUHUYHOrO Kpyra Ha BeKTOpbl U3 O N 6*) oTO TaK

Yo6enurech, uTo O N

miad=1,2,3,7, 11 u TOoJBKO [JIs HUX B™) UId BCexX npounx d KoJbLo O N He eBKJIM0BO

HY [JIS KaKoil BBICOTEI? 1) 11t d = 19 KoJb1i0 O N ABJIsAeTCA 00J1aCThIO I'JIaBHBIX HM€asIOB.

1y/I HasmBaerca paouxkasiom vneana I.

2T. e. nmepeceveHye Bcex UEAJIOB, COleP)alIUX 3TH MPOU3BEIEHNs, WU (4TO TO K€ caMoe) — MHOKECTBO BCEBO3-
MOXHBIX CyMM BUAa a,b, + -+ a,b,,tnemeN, a; €l, b; € J.

3BepHble yTBepXK/IeHUEe JOKAXKUTE, K HEBEPHBIM NPUBEUTE ABHbIE KOHTPIPHMEPHL.

*ITOJICKA3KA: miycTh a € O Voa HeoOpaTUMBEIH 3JIeMeHT HanMeHbIIel npugedéHHOll BRICOTHI; TOKAXUTeE, YTO JII000e
beO /—a CPaBHHMO C 0, 1 niu —1 no MmoayJito (a).
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